
2 libxzn wlgl zepexzt - zeiynn zeivwpet
.y ∈ R lkl dcicn E + y = {x + y; x ∈ E} mb ,dcicn E ⊂ R m`y e`xd .1

m(E1) < ∞ -e n lkl En+1 ⊂ En -y jk zecicn zeveaw En ⊂ R m`y epi`x .2
f`
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n→∞

m(En) = m

( ∞⋂
n=1

En

)

.m(E1) = ∞ xy`k miiwzn gxkda `l (1) -y e`xd

egiked .
∑n

i=1 m(Ei) > n−1 -y jk zecicn zeveaw E1, .., En ⊂ (0, 1) dpiidz .3
-y

m

(
n⋂

i=1

Ei

)
> 0

miiwzn A ⊂ R dveaw lkly e`xd .4

inf

{ ∞∑

i=1

bi − ai; A ⊂
∞⋃

i=1

[ai, bi]

}
= inf

{ ∞∑

i=1

bi − ai; A ⊂
∞⋃

i=1

(ai, bi)

}

c ∈ (0, 1) zniiw ik egiked .m(E) = 1
2 -y jk dcicn dveaw E ⊂ [0, 1] idz .5

.m(E ∩ [0, c]) = 1
3 -y jk

lkl m(Bα) > 0 -y jk R ly zecicn zeveaw zz ly dgtyn {Bα}α∈A idz .6
.diipn za A -y egiked .α 6= β ∈ A lkl Bα ∩Bβ = ∅ mbe ,α ∈ A

m` x ly aeh aexiw `ed (mixf minly p, q) p
q -y xn`p .iynn x idi .7

∣∣∣∣x−
p

q

∣∣∣∣ ≤
1
q3

.miaeh miaexiw seqpi` el yi m` ilpeivx aexiwl lw xtqn `ed x -y xn`p
.qt` dcin zlra `id ilpeivx aexiwl milwd mixtqnd zveawy egiked

.ilpeivx aexiwl lw `edy ilpeivx-i` xtqn miiwy e`xd :zeyx

onqp .f(0) = 1 -y jk ,dtivxe dler divwpet f : [0,∞) → [0,∞) idz .8

E =
{

x > 0; f
(

x +
1

f(x)

)
> 2f(x)

}

1 .m(E) ≤ 2 -ye ,dcicn E -y egiked

.dcicn dly zetivxd zecewp zveawy egiked .divwpet f idz (`).9
.dcicn dly zexifbd zecewp zveawy egiked .dtivx divwpet f idz (a)

-y egiked .ri = inf
{

x ∈ E; x > ri−1 + 1
f(ri−1)

}
xicbp ,i ≥ 1 lkle r0 = inf E onqp :fnx1

?f(ri) ly lecibd avw lr xnel elkez dn .E ⊂ ⋃
i[ri, ri + 1

f(ri)
]


